We study the algebraic and geometric structures for closed orientable 3-manifolds obtained by Dehn surgery along the family of hyperbolic links with certain surgery coefficients and moreover, the geometric presentations of the fundamental group of these manifolds. We prove that our surgery manifolds are 2-fold cyclic covering of 3-sphere 
Introduction
All manifolds will be assumed to be connected, orientable, and PL Piecewise Linear . In 1, 2 , theorems state that any closed orientable 3-manifold can be obtained by Dehn surgeries on the components of an oriented link in the 3-sphere. Considering the hyperbolic link, the Thurston-Jorgensen theory in 3 of hyperbolic surgery implies that the resulting manifolds are hyperbolic for almost all surgery coefficients. Another method for describing closed 3-manifolds says that any closed 3-manifold can be represented as a branched covering of some link in the 3-sphere 2 . As the above, if the link is hyperbolic, the construction yields hyperbolic manifolds for branching indices sufficiently large. According to the algorithm in 4 , any manifold obtained by Dehn surgeries on a strongly invertible link can be presented as a 2-fold covering of the 3-sphere branched over some link. Thus we can construct many classes of closed orientable 3-manifolds by considering its branched coverings or by performing Dehn surgery along it. Moreover, the branched covering and Dehn surgery are nice methods for representing closed orientable Lastly, for positive integers m > 1, n ≥ 3, and k ≥ 1, it was proved that a family of closed 3-manifold M 2m 1, n, k as the identification space of certain polyhedron P 2m 1, n, k whose finitely many boundary faces are glued together in pair and which is another method to construct 3-manifolds, is the n/d -fold strongly cyclic covering of the 3-sphere branched over the link L m,d , where gcd n, k d 8 . Since our link L m,d is hyperbolic link for m > 1, it is clear that M 2m 1, n, k is the closed hyperbolic 3-manifold.
In this paper, we study the closed hyperbolic 3-manifolds obtained by Dehn surgeries on the components of these links. Moreover, we show that our surgery manifolds are 2-fold cyclic covering of 3-sphere branched over certain link as Figure 6 . In particular, our result includes the topological classification of the closed 3-manifolds obtained by Dehn surgery on the Whitehead link, due to Mednykh and Vesnin 9 , and a hyperbolic link 
Dehn Surgery on the Link L m,d
We now consider the oriented link L m,d in the 3-sphere illustrated in Figure 2 On the other hand, we obtain the fundamental group 
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For our simplicity, we write
where, for i ≥ 3, 
Similarly R 2 reduces to
Hence we have a, b 1. We now obtain finite presentations of the fundamental group of these surgery manifolds as follows.
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The meridians m i and the longitude l i of each component K i and the meridian m and the longitude l of Λ are as follows: We note that the link L m,d is hyperbolic in the sense that it has hyperbolic complement. So the Thurston-Jorgensen theory in 3 of hyperbolic surgery yields the following. 
